
Proof:

Let B0 = fb1; b2; � � � ; bn; bg � V be a set having n+ 1 elements.
* fb1; b2; � � � ; bng is a basis for V
=) each vector of V (eventually for b 2 B0)can be written as a linear com-

bination of vectors from fb1; b2; � � � ; bng
) for b 2 B0;9 �1; �2; � � � ; �n 2 F such that

b = �1v1 + �2v2 + � � �+ �nv3
=) �1v1 + �2v2 + � � �+ �nv3 + (�1)b = 0
=) �1 6= 0 , even if all �1 = �2 = � � � = �n = 0
=) B0 = fb1; b2; � � � ; bn; bg is linearly dependent.
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